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Abstract. Propagation of both low and high frequency waves in a plasma consisting of electrons,
ions, positrons and charged dust particles have been theoretically studied. The characteristics of dust
acoustic wave propagating through the plasma has been analysed and the dispersion relation deduced
is a generalization of that obtained by previous authors. It is found that nonlinear localization of high
frequency electromagnetic field in such a plasma generates magnetic field. This magnetic field is
seen to depend on the temperatures of electrons and positrons and also on their equilibrium density
ratio. It is suggested that the present model would be applicable to find the magnetic field generation
in space plasma.
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1. Introduction

Propagation of waves in a multicomponent plasma having charged dust particles has been
investigated by various authors in recent times as the presence of charged dust grains give
rise to a new kind of modes called dust modes and it has wide applications in magneto-
sphere and space plasma [1–3]. In fact, Raoet al [4] initiated to study theoretically the
propagation of dust acoustic mode in a plasma. Subsequently, Shukla [5] and other authors
[6,7] investigated different aspects of wave propagation in dusty plasma from which it has
been observed that charge fluctuation of dust particles has significant role on the forma-
tion of solitons and shocks as well as instability of the wave [8–10]. The positrons are
also found to exist in space plasma [11]. Several authors [12,13] considered the presence
of positrons together with the electrons and ions for their studies on the propagation of
waves. As we see that both the charged dust particles and positrons exist with the electrons
and the ions in space plasma we consider here a model plasma consisting of all the above
four species for our present investigation. We have derived the dispersion relation which
is more general than that obtained by the previous authors. Moreover, we have obtained
the growth rate of the magnetic field which is generated inside the plasma due to weakly
nonlinear localization of high frequency field. It is to be mentioned that there are several
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mechanisms of generation of magnetic field in laboratory and space plasma [14–16]. In
hot astrophysical bodies, the dynamo effect is one of the main sources of magnetic field
generation [17,18]. However, our present model for the generation of magnetic field may
be applicable in space plasma as the strength of magnetic field in space is found to be weak.

2. Formulation

We consider an unmagnetized collisionless multicomponent plasma consisting of elec-
trons, ions, positrons and negatively charged dust particles. The dynamics of such plasmas
are assumed to be represented by the following equations
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the subscripts represents the types of plasma species. For electrons = e, for ion s = i,
for positrons = p and dust particless = d;ms; ns; Ts; vs; qs are respectively the mass,
number density, temperature, velocity and the charge of the plasma species.~E and ~B are
the electric and magnetic field intensity,� and ~A are the scalar and vector potentials.KB

is the Boltzmann constant andC is the velocity of light. Zs is the number of charges,
Ze = 1; Zi = 1; Zp = 1 andZd = Z.
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Now, assuming all field variables in eqs (1) to (9) have slow and fast components given
by

fs = fs0 + fs1: (10)

In the right hand side of (10), the first term is the slow component and the second term is
the fast component.

The time and space variation of the fast component of the field variable are given by

fs1 = fs1 exp i(Kx� !t); (11)

whereK and! are the wave number and frequency of the wave.
It is also to be noted that the quasineutrality condition in the multicomponent is given

by

ne0 + Zdnd0 = np0 + ni0: (12)

Moreover, we assume that the charge fluctuation of dust particle is governed by
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from which we obtain
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c1 is the capacity of dust grains.

3. Dispersion relation

We have assumed, due to large inertia, that(nd; ~vd) have no fast component. For the vector
potential’s, fast component we set

~A1 = ~A1(x; z; t) exp(�i(!t�Kx)) = ~a exp(�i(!t�Kx)) = ~ae�i�; (16)

where~a = a(~y � i~z) the other fast components are written as;nj1 = nj1e
�i�; vj1 =

vj1e
�i� etc. We now substitute (10) in eqs (1) to (8) and separate the slow and fast com-

ponents. In this respect it is to be noted that an average over the total cycle is to be taken
where only the! = 0 part of the product of two fast component only contribute. Using eq.
(10) we have
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wherej = e; i; p and ~Aj = qjnj0(~vj0 � ~r � (A0=C) � ~r�0 � (1=C)(@ ~A0=@t) �

KB
~r(nj0Tj) for the slow components. Also the corresponding part of the Maxwell’s

equation read
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whereh i, denotes the averaging over the full cycle. On the the other hand for the fast
component we get,
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Actually terms occurring on the right hand side of eq. (24) are representative of pon-
deromotive forces. Equation (24) can be simplified by taking the following points into
consideration.
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Using eq. (33) along with eqs (28) and (16) we solve for the real and imaginary parts of~v j
which turn out to be
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On the other hand we also have
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Using these expressions forne1; np1; ni1; ve1x; vp1x; vi1x in eqs (6) and (28) we finally
obtain the dispersion relation
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Equation (16) is the most general form of the dispersion relation than that obtained by
the previous authors [8]. Solving (16) one can easily find that both the wave frequency
! and wave number is complex which indicates that the wave will be unstable during its
propagation through the plasma. The imaginary part which represents the growth rate of
the wave depends on the drift velocity and concentrations of electrons, ions, positrons and
charged dust particles. However, if we consider the effect of positron on the instability of
the wave we get
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where
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Figure 1. Imaginary part of the unstable root as a function ofv0=Cds for different
values of the ratio of background densities of electrons to positrons.

vp0 > Cds ; C2
ds = �2e!

2
p:

In figure 1, the variation of Im!
� against vp0Cds

has been shown for various values of the
concentrations(Æ2) of electrons and positrons. It is interesting to see that the growth rate
significantly depends on the ratio of the number density of positrons and electrons.

4. Magnetic field generation

The magnetic field which is generated inside the plasma due to weakly nonlinear localiza-
tion of the high frequency electromagnetic field can be found out following Rizzato [16].
From (26), (31) and (41) and using eqs (34)– (39) we can obtain
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where�1 and�1e stands for
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Neglecting inertia of electrons and positrons we also get using eqs (23) and (32),
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The right hand side of this equation clearly indicates the fact that the generation of magnetic
field is due to the presence of the ponderomotive force. Simplifying the above equation,
we get
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wherea1 = 1=x1; a2 = 1=x2.
Now collecting the components of�� we get,
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2 . So that eq. (47) yields with eqs (18) and (21)
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Figure 2. The growth rate of the magnetic field with the variation of frequency ratio
(!=!p) at different values of (i)Tp=Te, (ii) v0=c (iii) �e0=�p0.
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where we have seta = a1 exp(iK1x � i!t). If �1 is small compared to!, we obtain on
further simplification
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Figure 3. The growth rate of the magnetic field with the variation of (a) the number
density ratio(�e0=�p0) at different values of (i)Tp=Te (ii) v0=c (iii) !=!p and (b)
temperature ratio(Tp=Te) at different values of (i)�e0=�p0 (ii) v0=c (iii) ne0=np0.
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@t )
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3
2 �1K

2
1�

1
2 [1�X(1 + Y )]

3
2 (1� �pÆ

2
2)

m��D!3
p(1 + �pÆ2)

3
2

; (51)

where

X =
!2
p

!2
; Y =

1

Æ2
; �p =
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Te
; Æ2 =

ne0

np0
;

a1 and�1 are the amplitudes of vector and scalar potentials. In figures 2 and 3, the vari-
ations of the growth rate of the generated magnetic field are shown for different values
of the temperatures and concentrations of electrons and positrons. It is interesting to note
from the figures that while the spontaneously generated magnetic field depends onÆ 2 and
�p, but relativistic correction is not so important. The observations here are important and
actually effects the plasma in space, where electron-positron configuration plays important
roles.
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